The following condition on the potential Q(x) is assumed in this note: It is well known that the essential spectrum <7 ess (H 0 ) of H 0 is equal to (
is locally bounded for some 6 > 0 (Evans [3] ).
is locally bounded and tends to zero as 6 J, 0 uniformly on every compact set (Schechter [10] The following Lemma will be an important tool in our proof.
Lemma 3JL Let T be a densely defined closable linear operator in a Hilbert space X and A a linear operator such that D(T)cD(A).
Suppose that there exists a positive constant k<l such that \\Au\\ ^k\\Tu\\ for every u eD(T) and that the closure T has a bounded inverse on X. Then we have for any u e ^Q.
The above Lemma 3.4 will be proven in Section 4.
Since we may assume p>0 to be sufficiently small (Remark 2.5), we are permitted to make use of Lemma 3.4 for our potential Q^x). Then Lemma 3.2 implies that A = 0 belongs to the resolvent set of H± and D(H l ) = D(H Q ), As the resolvent set of H 1 is open, the deficiency index of H 1 is (0, 0) and, consequently, H t is self-adjoint, which yields the essential self-adjointness of H lf Since Holf^1 is bounded on j£f 2 from the closed graph theorem, the condition (A.III) gives us that (3.4) for every e> 0, R > 0 and u e tff. If we take e>0 so small that ellJ^Hr 1 1| < for every s>0 5 R >0 and u e ^J, where we may assume that C(e) is independent of R > 0 from our assumption on (2). Taking the limit as R-+ oo in (3.5) 5 
The following Lemma plays an important part in the present section.
Lemma 4.2. (1) ITze following identity holds :
(£ a,
7=1
(2) Le£ S 2 = {coeU 3 | |co| = l} and /(co) fee an arbitrary C 2 -function on S
. Then we have
The first assertion (1), which follows from direct calculations, is a generalization of Wiist [13 3 Lemma 2], The latter one (2) is due to Schmincke [11, Lemma 4] . It is well-known in many books of quantum mechanics that the total angular momentum which and 0j = I(j = l, 2, 3) imply 
